proof that this theorem is true in any topological space. 21 Moore, R. L., Math. Zs., 15, 1922 (254-260) . 12 Wilder, R. L., Bull. Amer. Math. Soc., 34, 1928 (649-655) . The theorem quoted here was proved for euclidean spaces, but it is clear that it holds in any locally compact metric space, and, indeed, may be proved directly by use of the imbedding theorem employed in proving Theorem 4 below, and hence so that N is of the same dimension (Menger-Urysohn) as H, etc. 13 Kline, J. R., abstract, BuU. Amer. Math. Soc., 34, 1928 (263) .
14Wilder, R. L., these PROCXEDINGS, 11, 1925 (725-728 If An is afinite collection of (closed) rectilinear n-simplexes in R& satisfying the conditions: (R,) any two simplexes have either nothing or a k-component in common (O < k < n -1); (R2) the points of An form a convex region in 1?,; then the set of simplexes form an En.
Consider a convex region divided into convex rectilinear n-cells of any type, where by a convex rectilinear n-cell is meant a closed bounded region cut out of R, + 1 by a finite number of flat (n -1)-folds. A set of simplexes satisfying R, and R2 can be obtained from such a collection of cells by regular subdivision, i.e., by replacing the 1-, 2-, . . ., n-cells successively by 1-, 2-, ..., n-stars of simplexes. An argument used in the paper referred to2 shows that if it could be proved that regular subdivision of any such convex collection of convex cells (in particular of A.), leads to an E,, it would follow that A,, itself is an E,. We wish then to prove THJORJM A. If K,, is a set of convex rectilinear n-cells filling a convex region in R, in such a way that the common part of two cells is either nothing or a k-cell of both (O . k . n -1), then the set of simplexes obtained by regular subdivision of K,, is an E..
The theorem being trivial if n = 1, suppose it true of sets of cells in R-,.1
We can derive from K. another collection of cells K*, of a more special type, by "producing" all the (n -l)-dimensional faces, i.e., introducing as barriers the complete intersection of K,, with all flat (n -1)-folds containing an (n -1)-face of an n-cell. This has the effect of replacing each n-cell of K.. 16, 1930 This completes the proof of Theorem A. 1Proc. Lond. Math. Soc., 30, 1930 (339-346) . For definitions of combinatory entities see two papers, Proc. Roy. Soc. Amsterdam, 29, 1926 (610-641) , here cited as FI and FlI.
